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LTirda aie Taal “On a nares ri grrce joworetl i 
‘}"-Acti Sci-Math. Szeged 14, 209-218 (1952). : 


| The paper contains results on entire functions 
ee 
J(s)= Lanes 


Hathenatioal Reviews | with Fahey gaps (n/An—0) ane to these of Pélya and} E- 
; ; } Sunveri Balaguer [cf. Sunyer i Balaguer, Collectanca Math, ee 


Vols 14° No. 8 

Serbs 1953. : ; 2, 129-174 (1949); these Rev. 12, 489]. For such functions} 
ny healyaie and sufficiently large r the inequality ; 
Ate M(r)"+S (48x/(B—a) | M(2r) AL(r, «, 6) 


f /0 ot : ia established where M(r, a, 8) is the maximum modulus of ‘: 
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“A similar result for harmonic functions with lacuni wy! 

Fourier series is obtained. The proof is novel and ' tele | 

mentary”, exploiting an inequality previously given by the, a 
~ same author [these Rev. 9, 80]. A, J. Macintyre, 6's. 
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. e Turdén, P. On a trigonometrical sum. Ann.”Soc. Polun. 
Math. 25 (1952), 155-161 (1953), 
: The author gives two general theorems (the first is a 
_ corollary of the second), cach of which contains the poni- 
‘tivity of the sums (1) SU, 97 sin of on (O, 7). (1) Hf 
Dh} sin (2e—1)e>0 on (0,4), then wo ob, sinvx > 0 
i also. (11) Wa, are real numbers such that 


(2) I(x) = on cosex 20 and ve =0, 
m0 ca 


Mathematical Reviews , GO SE aeiess fasiten (oud (62) 
j then ( peat VMdutay tee -f- 4,1) SID ve on (0, x). 

Vole Uy No, 1 ‘Theorem His navel by - Cainijdekercteiable inethod similar 

Dec. 1953 to that used by the author for (1) [J. London Math. Soe. 

Analysis 13, 278 282 (1938) |. Other cestlts are that for Sec x 

j and a7: 2, 

cx 7x} 
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diverges (i.e. the Taylor expansion around o, diverges at 
!—a). The author shows that H{zj==eV@-3) has the re- 


qaired property. He further 
: 1 <a<0? He remarks that 
| of Hardy and Littlewood ( 
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.- ae YI Turin, P4l, Some remarks: 


he proves the. following theorem. Let « be-a complex 
number with S(a)s¢0: then there exists an analytic | 
function /(z)=3'% 4 a," whose only singular point is at / 


ae have to assurne that 7(2) is analytic for |2}<1) 


on theory of functions and 
L. T ae Riadv. Term.- 
5-13 (1954). (Hungarian) 
ous problems and results on ‘ 


summability. Among others 


asks if such an f(z) exists if 
1O<a<{ then by a theorem 
*) converges (here we only 


P, Erdés (Haifa), 
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‘1 Erdés, P., and Turan P. On the role of the 
in ¢ fenry. agrange inte 
Acta Math. Acad. Sci, Hungar. 6, 


SSR fe Pict inte sian gummatye 
ae oo ei. 2.epnp meal, 2, 11) bea tlanges 


are : Let A=(Xgn) (v 
: | i Jar matrix of interpolation points where —!S%—nS! am 
: allx,, in one row gre distinct. Let f(x) be continuous; We ie 
: form the polynomials : ea 
: : L,{) =2} (= ont en(*) » / ; , ‘ e, 
where E,,(*) denote the fundamental polynomials of the “a 
i uthors investigate the a 


Lagrange interpolation. The 2 
of matrices A. }here 


following important class 
exists 2 number p, O<P< {, such that for the “Lebesgue me 
constants” M w=max-15451 {boa(*)| the following 3n- | 2 
” equalities hold: ae 
lim sup Mn? '<erke)s tim sup M ,2-F > cele)» (c , 
p i ) aay af ) con} 
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Tenth Anniversary of our liberation. p. 1. 


Life and mathematical work of Geza Grunwald, p. 6 
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0: Monthly list of East European Accessions, (EEAL), IL, Vol. 4, No. 9, Sept. 1955 
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Yol. 6, no. ce 1955 Pp pproéinations., p. 22 
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TURAN, P. Distribution of "digits" of the "factorial" numberical system. p. 71 
Vol. 7, no. 1/2, 1956 
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SCIENCE 
HUNGARY 


So: East Euroreon Accessions, Vol. 5, No. 9, Sept, 2956 
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solution of algebraic equations. In Enelish. p.291. 
(Acta Mathematica, Vol. 7, no. 3/h, 19°64, Pudapest, Hunrary) 
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. Turin, Paul. emark on the theory of vasianalytic 
ey ek fuhichon-classes. jMagyat Tud. Akad. Mat. Kutaté Int. 
TS Real Y(l958), 4 (487 (1957). (Ilungarian and Russian 
| surhmaries) . .* co. 
~ L'auteur considére la quasi-analyticité dans le sens du 
Une classe de fonctions Jocalement inté- 
anatytique (a) dans ce sens, si deux 
decetteclasscsatisfaisant dla relation 
ho) fi-n a(x) -fele)ldx <0 sont ndé- : 
Il y a quelques années auteur 5 
fethode in der Analysis undderen ¢ 
miai Kiadé, Budapest, 1953; MR ! 
éthodes d’évaluation du 
trique par son maxi- +" 
+, mum sur un Sous He, introduire un nouveau erie 
“tére d’une telle quas Tandis que le reviewer. 4: ° 
caractérise une telle quasi par la “facunarité”. 
de la série de Fourier (Sé classes quasi- 
~ analytiques, Gauthier-Vill procédé génd- 


ralisé. par B.:Ya. Levin pour’ 
riodiques, (Doklady Akad, Nau 
605-608; MR: 11). 23}, Vanteur: caract 
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"Balazs, J.i and Iurén, P. Notes on interpolation, ¢im, ~ 
Convergence. A&t-Mati Acad. Sci. Hungar. 9 (1958), . 
"495-214, 
This investigation is a contribution to “lacunary" 
interpolation. If the interpolation points are 2,=x,,, 
- ws= lt, 2, +++, 2, we form the polynomials 


Ralz)—= 3 anole) + 3 Brpo(2) 


. of degree 2n—1 for which Ry(%)=a, and Ry(x,) =f, are. 
prescribed, The “fundamental polynomials” 7,{x), polt) 

_ are uniqucly determined. The authors investigate the 
particular case when the x,» are the zeros of (1—x?) | 

X Py-1'(x), Pn Legendre’s polynomial, and study the con- , 

: vergence of Ry(x), n->00, associated with a given function | 

{(«), «=f(tn), B, given constants. The following two 

. principal results are obtained. Let f'(*) be continuous with . 

* modulus «(6) such that Hlu(t)\di<oo, Let almaxy, i 
[Brn|-+0 as n-+00. Then Rq(x)->/(x) uniformly in —1<! 

#31, Let O0<e<1 be given: there exists F(x) & Lip(1—e)! 

such that the associated polynomials &,(x) (eveh for: 

yet fyn==0) are unbounded for +=0, 
i) G. Szego (Stanford, Calif) 
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TURAN, P.; BALAZS, Jd. 
Notes on interpolation. IV. Inequalities. p. 243, 


ACTA MATHEMATICA. (Magyar Tudomanyos Akademia 7 
no. 3/4, 1959. ny ademia) Budapest, Hungary. Vol. 9, 


Monthly list of East European Accessions, (EEAI) LC, Vol. 9, No. 1, 1960. 
Unel. 
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TURAN, P. 


A remark concerning the behavior of a power series on the periphery of ite 
convergence circle, In English. p. 19. 


Srpska akadeni je nauka, Matematicki institut. PUBLICATIONS. 
Beograd, Yugoslavia. Vol. 12, 1958 


Monthly list of Bast Buropean Accessions (EEAI) LC, Voi, 8, no. 8, Aug., 1959. 
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AUTHOR: Turan, P- : 
TITLE 3 A remark on Hermite-Fe Jer {nterpolation 


. e 
PERIODICAL: Referativnyy zhurnal, Matematika, 10+ ll, 1962, 19. abstract 11388 


Ann. Univ. scient- pudapest. Sec. math., 1960 - 1961, v--3 - 4, 369 
- 3773 English) 


TEXT: The author considers the Hermite 
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interpolation polynomial 
n n- 
H, (f) = 24 £ (x1) By, ws Cyn 
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W ( ) 
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wa n 
dyn (x) = Gi Oat aa @ n (x) ae (x - Xyn) » 


(v =1, 2, ---, ns n=l, 2, Pe | 


of the degree <.2n-1, where 12 ¥%pn<---SX%inSl» AS had been shown by L. Fe Jér, 
in the case of Chebyshev abscissae, we have lim Hy (f) = £ (x) uniformly for 


roo 
every function f (x) @ec [1, +1 | (i.e., continuous on [-1, +1}), provided only 


Oo The author investigates the behavior of the polynomial 


t —_— 
Wn = Tg n 
H¥, ee (f) of degree €2n - 2, coinciding with f (x) at the points x= 1), 


Nor eres Vn where 


for 1€igin, except for =v (n). In the case of Chebyshev abscissae, if for 
all n= 1, 2, .-+ the exceptional point (n) lies in the interval [-1 + 6, 
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1 - sl, OE <tr » and if Yin = 0, i f#v (n), then the condition 


4s necessary and sufficient for uniform convergence 
Lim HE, (2), , (f) = £ (x), ~lgxgel, f(x) @c([-t, +1] ; 


n> co 
now, if the exceptional point lies sufficiently ‘close to the point Xo = cos © 


then the corresponding interpolation polynomials are uniformly bounded if, and 
only if, the function f (x) is bounded on [ -1, +1], where it is always possible 


to choose a function f, (x) @ C, for which the limit ae H* tals (f) does 
, x 


not exist at the point Xo. If the points are roots of the polynomial § Py (t) dt 


where Pi_y (t) is a Legendre polynomial normed by the condition P,_ : (1) = 1, 
then under the same conditions relative to the exceptional point we have instead 
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of (1) the condition f (-l) sf (+1) as the necessary and sufficient condition 


for the uniform convergence of lim AY (n) (f) = ¢ (x) on the interval 
tc , 


[-1+ §,1 - 3], 0<é<4 for f (x)§c. 
Ya.L. Geronimus 


[Abstracter's note: Complete translation] 
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An extremal problem in the theory of interpolation. Acta mat ime 
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HAJOS, Gyorgy; KALMAR, Laszlo; SURANYI, Janos; TURAN, Pal; POSA, Lajos; 
DE BRUJIN, N.G.€Amsterdam, Holland); SARKADI, Karoly; FRIED, 


Ervin; WIEGANDT, Richard; ERDOS, Fal 
Mathematical proklems, Mat Japok 12 no.3/4:253-258 ‘ol. 


1.“Matematikai Lapok" szerkesztoje (for Hajos and Kalmar). 
2."Matematikai Lapok" felelos szerkesztoje (for Turan). 
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Balazs, J., Turan, P. 
» eee 
TITLE: Notes on interpolation. VIII (Mean convergence in infinite inter- 
vals) : 


PERIODICAL: Referativnyy zhurnal, Matematika, no. ll, 1962, 19 - 20, abstract 
; . 11B89 (Acta math. Acad. scient. hung., 1961, v. 12, no. 3 - 4, 469 - 
474; English; summary in Russian) 


. TEXT: For part VII see RzZhMat, 1960, 5130. Say a triangular matrix of in- 
terpolation points A=[lxenll, k= 1, 2, .-7, ns' ns 1, 2, 3, --- is composed 
of the roots Xypn (k= 1, 2, «+s n) of the orthogonal polynomials ay (x) (n= 
= 1, 2, 3, ---) corresponding to some differential weight p (x) on the infinite 


ree) 
interval (-oo, +o), so that am (x) an (x) p (x) dx = 0 for m An. For 
+ -00 


the points Xpy situated in every column of the matrix A, a Lagrange interpola- 
tion polynomial Ly (f; x) of the function f (x) is constructed. It is required 
to find the conditions under which the sequence of interpolation polynomials 

In (f, x) converges “in the mean" to the function f (x), i.e., 
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+ 
{f (x) - L, (f, ae p (x) dx 0 


for n—>o, Theorem: Let the differential weight p (x) Satisfy the follow- 
ing conditions: p (x) = hd » Where the function h (x)>0 and is integrable fe 


g°—~8 


on the entire x (205 and the function & (x) is even and has derivatives of all 
orders, where glev (x)>0, v = 0, 1,°2; 3.5, for any X; moreover, for x >0 
the function in & (x) isa convex function of ln x and 


+00 
[ Bt) oe im . 
: x 
0 
If the function f (x) is continuous on the entire axis, and 
+a 
@ 


lim ~~) 9 then lim \ {6 Ge) - a Ce, x)}? p (x) dee 0, 
ra : 


x too Wg (x 


Card 2/3 


CIA-RDP86-00513R001757510012-2" 


APPROVED FOR RELEASE: 03/14/2001 


12-2 
"APPROVED FOR RELEASE: 03/14/2001 SUERDP Se -Dotokeoe 73/2200 ” 


*  8/044/62/000/011/011/06%4 
Notes on interpolation. VITI Cees _  A060/A000 


Corrolary! If the matrix A is composed of the roots of the Hermite Polynomials 
H, (x), then for every function f (x) continuous on the whole axis, ad satisfying 
; -fl 2 : 
| =(4-€) x 
lim f (x) e : 
" x->t00 ; , 
(where @>0 isan arbitrarily small number), the condition 
H +00 7 


= 0 


lim ( {t (x) - 4, (¢, x}}? eae 
Ir 00 Jeo 


e 


is fulfilled. 


V.F. Nikolayev 


[Abstracter's note: Complete translation | 
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